OMOTZINONAIA

OMOZITIONAIA EKITTAIAEY TIKQN ®PONTIETQN EAAAAOX (O.E.®.E.) —- EITANAAHIITIKA OEMATA

P E ENTANAAHIITIKA OEMATA 2014 E_3.M)3I'(a)
TAZH: I'" TENIKOY AYKEIOY

MA®OHMA: MAOHMATIKA & XTOIXEIA XTATIEXTIKHX

/ TENIKHX ITAIAEIAX

Hpepopnvia: Kvpraxn 13 Anpiiiov 2014
Aapkera EEétaonc: 3 dpeg

AITANTHXEIX
OEMA A
Al.  XZyoMxo oei. 152.
A2. ZyoMxko ceh. 16.
A3. XyoMxo ogh. 73.
Ad. o) Zootd B) AaBog v) ZOcT0 0) AdBog €) AdbBog
OEMA B

T v f(x) = ax® + Bx* +1 éovpe f'(x)=3ax’ +28x.

B1.

A@oy A(2,5)eC, & f(2)=58a+4f+1=5=8a+4f=42a+ =1 (1)
A@ov 1 gpantopévn oto A €xel cuvtekeot devBuvong 12 mpémet:
Q=12 12a+4f=123a+f=3 (2)

Amo v (1) xou (2) TpokdmTOLY: or =2 Kou fF=-3.

‘Etot &ovpe f(x)=2x" —3x* +1 ko f'(x)=6x" —6x.

B2.

‘Eoto (¢):y=Ax+x n e&iomwon g {nrodpevng epomtopévng ToTe:

e A=f'(-)=12
e B(-Lf(-D)e(e)oB(-L,4)e(e)o>4=-A+xk o 4=-12+xk &>k =8
Apa (g):y=12x+8.
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B3, f(x)=0c6x'-6x=0c6x-(x-1)=0x=07x=1.

X —00 0 1 + 00
7(x) L O O 4
7 N

o T xe(-»,0] n f eivan yvnoimg avéovoa.

e Tw xe€[0,1] n f eivon yvnoiong ebivovsa.

o T xe[l,+) n f eivar yymoing avéovoa.

e Xt0 x,=0m f &ert. péyototo f(0)=1.

e Xt0 x,=1m f &erLt. ehdyroto 1o f(1)=0.

Apobd ' 1 f etvan
2013<2014 < 7(2013)/< £(2014) .

B4. Eyo f(x)=2x" -3x"+1 épa f'(x)=6x" —6x ko f7(x)=12x-6

yvnoimng  avéovco __ GTo

H epantopevn g C, napdiinin tov xx’ <

[1,40) Ko

< f1(x)=0 ©6k° —6k=0... &k =0 | k=1 ahhi keQ dpoto A ={0,1}

H epontopévn mg C,. €xel khion Oetum <:>f”(/1)>0<:>12/1—6>0<:>/1>%,

AeQ.
apa B ={1,2,3}
N(Q)=7, P(A):%:

2
7

N(B) 3

Z ko P(B)=—=x==

N(Q) 7

To evdeydpevo I': “Na unv mpaypatomombei koavéva and A kou B” 1ote

’

I'=(AUB)

To AUB={0123} épa (AUB) = {- 4,21} Gpa P(AUB) = % .
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OEMA I
Ilt. o)

XpéVl'(l X; v, f; N, F, XV, (xi _;)2 v,
Epyoaciog

4-8 6 8 0,2 8 0,2 48 288

8-12 10 16 0,4 24 0,6 160 64

12-16 14 4 0,1 28 0,7 56 16

16 - 20 18 12 0,3 40 1 216 432
YXYNOAO v=140 1 480 800

B) Eoto 1o evoeyouevo I': «Ymddiniog pe 11 tovidyiotov ypoévia epyaciog
o010 gpyootacto A» Ocwpoviac 61t ot TuéG o€ kdBe KkAdom eivon
OHOLOHOPPOL KATOVEUT|LEVES EYOVLE:

1
e N(T) _Z'l6+4+12,20_l
N(Q) 40 40 2
4
250, L4
Xq=tl—=—"=12,
1h—is % 40
4 L
CER 800
§2 =2 =——=20.
v 40

I'2. a) Zto gpyootdoio g mong B epydlovrat: vg=v-v4=200-40=160 vrdAriniot.
Oetwpavtag y, pe i=1,2,..160 to £ gpyoaciag Tov KOOEVOS Amd QWTOVG

0TO €PY00TAGLO TG TOANG B éyovpe:
160

40
Zx1+zy1 - -
Y =136l 36 30X tI00 X s
200 200

& 40-12+160-x5 = 2720 < 160- x5 = 2240 < x5 =14 .

. , 4 .
B) Ot 4 vndAiniot amotehovV TO: E.loo%zz, 5% tov epyalopévov oTo

gpyootacto ¢ mOANGg B. Adyw g xavovikig koatavoung Eépovue OTL
TovAdyotov x5 +2S, omotereli 10 2,5% tov epyalopévav. Apa
xp+28, =22 14428, =225, =4.
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3. a) CV, _8i V20295 V5
XA 12 12 6
cy,=Sa_4_2
XB 14 7

[oyver CV, >CV,.
N5 2 5 4 245 114
Ago —>——>——>——
6 7 36 49 1764 1764

Apa. 610 €pY0oTActo TG B mOANG £yovpe pHEYOAVTEPT OUOIOYEVEL, (OC TPOG
TO YPOVO €PYOGLOGC.

B) Xto gpyootdoio g mOANG A Oa amworvBolv: 4+12 =16 vrdAiniot.
O véoc mivakag cLYVOTNTOV GTO TEAOG TNG ETOUEVNG TETPOETIOG Oal eiva:

Xpovia . . .
Epyaciag ' ' t
0-4 2 16 32
4-8 6 0 0
8-12 10 8 80
12 - 16 14 16 224
2YNOAO v =40 336

O véog HEGOG (pAVOG EPYACIOG TV VITOAANA®Y TG TOANG A glval:
40

Z XV,
PR EL R
40 40

Y10 gpyootdolo ™G mOANG B, apov dev €yovpe ahhayég oTO €PYOTIKO
duvopko, 610 TEAOG TNG TETPUETIOG O VEOG PEGOG YPOVOG epyaciag gival:
X'y = x5 +4=14+4=18 (yprion EQAPUOYNC GYOAKOV).

Apa 0 0AKOG VEOG HEGOC YPOVOG epYATiag TOV VITOAANA®VY NG eTanpeiog Oa
swou'

160

Zx +Zy, -, -,
J_C' = VA'XA-l-VB-xB:40-8,4+160-18:336+2880:
200 200 200 200

32106 =16,08 €.

OEMA A

Ioyvet: 2P(~1) = 2P(0) = 2P(1) = P(2) = P(3) = P(4) =« .

Apa P(—1)=P(0) = P(1) = g kow P(2)=P(3)=P(4)=« .

[ TA OEMATA IIPOOPIZONTAI I'TA ATIOKAEIZTIKH XPHZH THE ®PONTIETHPIAKHE MONAAAX | YXEAIAA: 4 AIIO 6




OMOTZINONAIA

OMOZITIONAIA EKITTAIAEY TIKQN ®PONTIETQN EAAAAOX (O.E.®.E.) —- EITANAAHIITIKA OEMATA

E

NOLZZIL1INOGMdG®®

S [e]

NOMILAIVIVUMXI

EITANAAHIITIKA OEMATA 2014

W
(o]
<
<
<
<
w

E_3.M\3I'(0)

Al.  Apovn f eivou cuveyns 6to x, =0 TPEMEL:
lim f(x)=£(0) (D).
« fO)=-a*-6a (2)
o lim/(x)= Liino(eaxzm —3x>+2x+8)=14+8=9 (3)

‘Etor and (1), (2), (3) €ovpe:

—a’-6a=9a’+6a+9=0=(@+3)’ =0 a=-3

A2.  Aob P(Q)=1< P(-1)+P(0)+P(1)+P(2)+P(3)+ P(4) =1 &

Ox

K K K 3x
<:>—+—+—+1<+1<+1<:1<:>7+31<:1<:>7:1<:>1<:—.

Apa: P(-1)=P(0)=P(1)= é ko P(2)=PB)=P4)= % .

A3. ) I'a x>0 &yovpe:

’

f'(x)= (6’3’“2*2’“ ~3x% +2x+ 8) — e (3% H2x) —6x + 2 =

=(-6x+2)- e gy 10— (—6x+2)- (e—3x2+zx 1)

| . . 3x4+2x
"Etot 1im(M—exj:nn11(( 6x+2)-(e +1—exj:

rol\ —6x+2 PN —6x+2
3 3

1 1
zlirr%(e’”'”x Jrl—ex):e3 +1-e? =1.

X
3

Erou B={0,1,-2y+4}. Agod: A={L)"-4y+54} ka1 AnB={12},

TPETEL TO 2 VAL TEPLEYETOL KOl GTOL SVO GUVOAQL.

‘Etovmpénerl: 2y +4=2 (1) ko y* —4y+5=2 (2)

Ano ():2y=-2<y=1ka (2):)y’-4y+3=0y=15y=3.

Apa mpénel y =1.

TA OEMATA ITPOOPIZONTAI I'TA AIIOKAEIXTIKH XPHXH THY PPONTIETHPIAKHY MONAAAX

|  TEAIAA:5AIIO 6




W
(o]
<
<
<
<
w

OMOTZINONAIA

OMOZITIONAIA EKITTAIAEY TIKQN ®PONTIETQN EAAAAOX (O.E.®.E.) —- EITANAAHIITIKA OEMATA

E

NOLZZIL1INOGMdG®®

EITANAAHIITIKA OEMATA 2014

S [e]

NOMILAIVIVUMXI

E_3.M\3I'(0)

P) T y =1 ta cvvodra yivovton: A={1,2,4}, B={0,1,2}.
2,25
9

Etot P(A) = P(1)+ P(2) + P(4) = l 242

1 2 4
P(B)= P(0)+P(1)+P(2)——+§+§ B

Agod: AUB={0,1,2,4} &rovpe P(AUB)=P(0)+P(1)+ P(2)+ P(4) =

Agov: A—B={4} éyovpe P(A—B)=P(4) zg

Ad4. o) Eyoope g'(x)=2x+1-¢

\o|0\
wIN

‘Eotw (¢):y =ax+ B n edicwon g (nroduevng epantopévng e C, 10

onueio g A(x,, g(x,)) . Tote 1oyvovv:

® AQoV c/in A =4 <a=3-e (1).
M

o 2(x)=-aS2x tlre=a 2% +t1e=3-¢e S2xX T2 1.

e Ac(e) o g)=(3-¢e)l+f1+1-e—e=3-e+tf>2-2e=3-c+f o

o f==1-e  (2)

‘Eror ypnotponorwviag tic oyéceic (1), (2) €xovue yio epamtopevn v

@}y EGiexlpe

522
‘Eyoope E=<— = =¢.
p) ‘Exovp {9 5 3}
o ta onueio M, (x,,,), ue v =123 g epantopévng (€) £xovpe:
5 6 l4e . 5 15 Se
. Z-—— | agod y, =(3-e)->—l-e=—-""—1
1(9 5 9j Pov y, =(3-e) 5 5 9
2 -3 lle 6 2e
. , apov y, =(3-¢ ——1— e
[9 9 9j Pov y, =( ) )

2.5 ,
. M{—,l—gej, opov y, :(3—e)~§—1—e:2—§e—1—e:1—§e.

3

6 _lde 3 1le  Se 12 40e

+ — -
NW+V,*tYs 9 9 9 9 3 9

12— 40e

Aa_: — = =
Py 3 3 3

27
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